We propose a model for the airlines' decisions on route planning, i.e., the decision on selecting which route to add and delete, using discrete choice random-utility theory. The central hypothesis is that a discrete choice model can effectively model the airlines' decisions on route selection , and thereby help model the evolution of the air transportation network. We first model the airlines' utility function as a linear function of decision variables with interaction effects. The decision of route selection is then modeled using a binary choice model derived from the utility function. The preferences for each variable in the utility function are estimated using historical datasets. Advantages of this approach include the ability to use statistical techniques to quantitatively construct decision models as well as to account for the uncertainty in unobserved attributes of the decision model. The proposed model helps predict the airlines' decisions on routes addition and deletion which affect the network topology of air transportation and its future evolution. This capability can be beneficial to other stakeholders, such as Federal Aviation Administration, who may need to make their decisions in response to those made by the airlines, but do not have access to the airlines' true decision models.
I. Introduction
A IRLINES' decisions on route selection are, along with fleet planning and schedule development, the most important decisions they make [1] . Route selection decisions are concerned with where to offer service subject to fleet availability constraints. Such decisions are not only vital to airline profitability, they also have other network-wide effects such as propagation of delays, robustness of network to service disruptions, and the network's traffic flow capacity. This is why stakeholders like the Federal Aviation Administration (FAA) may want to access airline decisions to model their responses. For example, the FAA may want to understand how its investments at individual airports will translate to network restructuring, leading to reduction of network-wide delays. However, airline decision-making strategies are not publicly known and likely depend on a number of different criteria. Consequently, many researchers have tried to replicate these strategies using many different approaches.
The most common approach for airline route selection decisions is to model them as integer programming problems with an objective function of maximizing profit or traffic flow. Work done by Lederer and Nambimadom [2] is an example of this type of approach since they study choices of different network designs and schedules using profit maximization as the objective function. Jaillet, et al. [3] present three integer linear programming problems for airline network design, and propose heuristics for designing capacitated networks and routing problems. Magnanti and Wong [4] review some of the integer programming based approaches to network design and also describe both discrete and continuous choice models and algorithms.
Using a network analysis approach to study network evolution is a common alternative to the optimization approaches mentioned above. Song et al. [5] present a model that splits the air transportation network into two tiers and use it to estimate network evolution. Their model uses available demand data for its analysis with the result that it has to rely on future demand estimation for prediction of network evolution. Kotegawa [6] uses machine learning algorithms to study network evolution using patterns derived from historical data. He compares algorithms based on logistic regression, random forests, and support vector machines and shows high route addition and removal forecast accuracies.
The airlines' decision-making models are not only likely very elaborate with many criteria but proprietary as well, meaning that stakeholders other than the airline are left guessing and do not have access to the airline's true decision-making models. To avoid the elaborate criteria, decision-making models in the literature make some simplifying assumptions. Under the rationale that economic considerations, especially profit-maximizing, are the primary drivers of decision-making for most airlines, the above mentioned studies offer ways of replicating airline decisions. There are two types of models: Models based on network optimization commonly use a single objective function such as cost minimization, while models based on network analysis usually rely on network metrics for their analysis, ignoring many airline-specific criteria in the process.
In this paper, we model the route selection problem as discrete choice decision problem using random-utility theory based approach. The objective is not to offer an alternative model to the airlines' true decision-making model, rather propose one that approximates the airlines' decisions based on known data. The two schematics shown in Fig. 1 help clarify our objective further. For an airline i, the schematic on the left of Fig. 1 shows its true decision-making model, D i (t), as a function of time t. This model takes into account the airline's decision criteria, x, as well as external factors that the airline does not directly control, and gives its decisions as the output, y i . The schematic on the right of Fig. 1 shows our approximation of the airline model as D i (t). We assume that the market demand, operating costs, and the hub or non-hub nature of airports in the network are the input criteria (x ) to our model along with the known airline decision obtained from available data, y i . This model gives the airline's predicted decisions as y i . Given the proposed utility function, we quantitatively evaluate the impact of each variable on airlines' route planning decisions based on the historical dataset. The resulting decision-models can be adopted to implement the local mechanisms (e.g., route addition/deletion) in an air transportation network topology generator. This work improves on prior work that used machine learning on network topology time series to estimate network evolution [6] . That approach however neglected the true mechanism behind network restructuring: decision-making of airlines. Thus, this is a problem of decision-makers (agents) who act to determine the network topology. We are modeling the decisions of agents who are not nodes in the network but influence the network topology. The research question addressed in this paper is: How can airlines' preference structure for service network evolution be derived from available air transportation network data? The central hypothesis is that a discrete choice model can be used to effectively model the airlines' new route selection decisions.
The following section presents our technical approach to modeling the airline decision-making strategies, including a brief description of the discrete choice random-utility theory. Following this are studies on assessment of effects of airline decisions on network performance.
II. Technical Approach
A. Overview of discrete choice models The core of the proposed approach is the discrete choice analysis based on the assumption of random-utility maximization. In discrete choice analysis, it is assumed that the decision-maker has complete knowledge about his/her own utility U i when choosing the alternative i. This utility consists of two parts, the observed utility V i and unobserved utility i . This formulation is from the researcher's point of view because the researcher does not know the decision maker's utility completely, but is only able to observe the choices made by the decision maker. The observed utility is usually modeled as parameterized function of a set of explanatory variables that would affect the decision-maker's decisions. These variables are deterministic in nature from the researcher's point of view, and can be identified through different ways, such as survey and existing literature. The unobserved utility captures the randomness due to unobserved attributes, unobserved variations among decision makers, measurement errors, functional misspecification and bounded rationality of decision makers [7] . A common formulation for observed utility V i is in linear form:
where x = (x i , x 2 , ..., x n ) is a vector that contains n explanatory variables for the utility, and β i = (β i1 , β i2 , ..., β ki ) is the set of weights of each variable that represents decision-maker's preference. Thereby, V i quantitatively captures the decision-maker's preference structure. Note that the explanatory variables can be either alternative-specific or decision-maker-specific. We assume that each agent has complete knowledge about his/her own utility U , but since we can only observe the observed utility V which could be different from the total utility U , we must separate U into the observed utility V and the unobserved utility. The total utility is then the sum of the observed utility and the unobserved utility:
Therefore, the total utility is random and the decision-making process is modeled as a nondeterministic process. With random-utility maximization, the decision-maker chooses alternative i rather than j if and only if U i ≥ U j , ∀j = i. Thus, the probability of decision-maker choosing alternative i is:
This probability, P i , is the cumulative distribution of j − i , thus can be determined once the density function of is specified. In this paper, a logit model with the following form is adopted:
In airline route planning context, whether to establish a route between a pair of cities can be regarded as a binary choice for the airlines (1=Yes, 0=No). With the above logit choice model in Eq. 4, the probability that an airline chooses to create the route is:
e x β1 + e x β0 = e x (β1−β0)
where β = β 1 − β 0 captures the difference in preference of choosing yes and choosing no. The parameters β can be readily estimated from the choice data through statistical estimation techniques, such as maximum likelihood estimation and hierarchical Bayesian estimation. The key is to construct the preference structure in terms of the utility function V through the identification of the explanatory variables (i.e., x ) which could have impact on the airlines' decision-making. In the following sections, after establishing the dataset, we discuss what explanatory variables are chosen in this paper to construct the airline's preference structure and the approaches for obtaining the data for these variables.
B. Proposed approach
The rest of the paper is organized in the order of execution of our process of utility modeling and subsequent analysis. The first step in our process was that of exploring the decision variables to be included in our predicted airline decisionmaking model. Based on our literature survey, we decided on using the demand, operating cost, and the hub or non-hub nature of the terminal airports as our decision variables. Following this selection, was the process of gathering data described in section III. This was followed by the application of discrete choice analysis, described in sections IV and V, and finally, model validation. Figure 2 gives the overview of these steps. 
III. Data Collection and Preparation
To set up our models, we made use of the data on airline operations and economics in the US market available from the Bureau of Transportation Statistics. Then, we applied regression on the data on travel demand and operating costs of the airlines to estimate the airlines' utility function for the purpose of route selection. The details of regression are given in section V; this section describes the process of data collection for the purpose of analysis.
A. Establishing set of airports and initial network All of our data on airline operations and economics is available from the Bureau of Transportation statistics website. Specifically, forms T-100 and T-2 provide data on airline operations, while Schedule P-5.2 provides data on their economics [8, 9, 10] .
In addition to the BTS website, we make use of the list of airports provided by the Federal Aviation Administration (FAA) to select the set of airports in our network [11] . This dataset categorizes airports into those with primary and non-primary commercial operations. The airports in the former category are further subdivided as large, medium and small hubs, and non-hubs based on the number of enplanements at the airport. We start by selecting the set of 134 largest airports in the FAA dataset, which are listed as either large, medium or small hubs. After analyzing the market data from the BTS, we removed Phoenix-Mesa Gateway Airport (IWA), and Saipan International Airport (GSN) from consideration as there was no segment data (see [8] for details) available for these airports. Together, we find that the remaining 132 airports constitute over 96% of all enplanements in the US during calendar year 2013 [8] .
With the 132 major airports, we extract the network topology from 2003 to 2009 based on the BTS T-100 segment dataset [8] . An edge in the network exists if there is a route between two airports in a calendar year. In this paper, we filter out routes which had either zero demand or were served by aircraft with the freight configuration as reported in the BTS database. Further, we include only those routes which are classified as those in the 'domestic' category in the BTS table. To account for those routes which may not be commercially operational, we count only those which had at least one flight in any consequent eight week period in a given year. As an example, these filters, when applied to the 2009 network data, result in the final set of 2015 routes (edges) out of the total 8646 routes required for the network to be fully connected.
From an airline perspective, hubs are the transfer points to regulate the traffic between the airports not connected directly in their network. We compare the list of 30 large hubs in the FAA dataset with the hubs listed by the three largest full-service airlines in US, viz. United Airlines (UA), American Airlines (AA) and Delta (DL) [12, 13, 14] . Based on this comparison, we finally select a set of 21 airports that are fixed as hubs in this work. Additionally, we add Chicago Midway to this list because of its large volume of operations, resulting in a final list of 22 hub airports.
Once the network topology is obtained, the next step is to extract the data related to the explanatory variables identified from the preference structure formulation. In the following subsection, we discuss how the data regarding the demand, cost and airport hub information is obtained from various data sources.
B. Demand and cost data
The raw market demand file from the BTS has more than 0.2 million entries for any given year. While we use segment data from the T-100 table to identify the network, the market data provides us with the ability to identify the need for new routes to be added. In other words, a high market demand between two city pairs would be a reason for the airline to add a direct flight between the two cities. This data table contains market demand estimates for all possible routes (even those outside the 132 airports taken in the analysis), month, and aircraft type, for a directed network. Since we are interested only in the market demand of our undirected reduced network, we filter out the demand for only the routes that we are interested in. For a particular route, say between airport A and B, we sum the market demand from A to B and B to A for all months and all airlines to get the actual market demand between the origin-destination (O-D) airport pair. This is based on the rationale that over long intervals (like one year considered in the paper), the directed demand would average out to be the same in either direction.
The BTS website reports zero demand between several airport pairs. This may either be due to reporting errors or due to no potential demand between the O-D markets. To account for this 'NULL value' in the reported data we directly used segment demand of the same year for the same route. This is justified in the sense that the market and segment demand is reasonably close on many routes.
The direct operating cost (DOC) of an airline is the second variable in our decision model. For every route in the current year, we calculate the DOC for all airlines that operated on a given route, weighted by their number of operations. We then use this calculated value as our estimate of operating cost on that route for that year. For the purpose of our analysis, we need an estimate of cost on all routes in the selected choice set, described below, including for the years in which a route may not be present. For such cases where the values are missing, we use an 'airline cost index' based on data from the Statistical Abstract of United States to estimate them [15] . Note that at the time of our analysis, we could only obtain cost indices until 2009, which was the reason we restricted our analysis years until 2009.
C. Hub and non-hub
We divide the routes into categories based on hub characteristics of the O-D airport pair. These categories are a) both the airports as hubs, identified by the label '2', b) at least one airport as hub, labeled '1' and c) both airports as non-hubs, labeled '0'. We assigned a value of 1 or 0 to each city based on whether the city qualifies as a hub or not. For example, for the network formed by 22 hubs and 112 non-hubs, there are 2062 routes in the year of 2005. In such network, there are 644 routes at hub level 0, 1198 routes at hub level 1, 220 routes at hub level 2.
D. Determine the choice set and observations of choices We define the choice set for addition or deletion as the set of routes that are available for the airline in our model to add or delete, respectively. If a route was in operation for any number of years in the range of years under consideration, then it forms part of the choice set for addition, because, we reason that if any of the airlines found a route feasible for operation in the past, then any airline is likely to consider operating on it in the future provided sufficient demand. The choice set for route deletion is the set of routes that exists in the current year. In doing so, we found that some values of segment demand were 0, and some DOC values were 'NA', and hence, we filtered out these routes from our choice set. Note that our modeled airline makes use of the utility function approach presented herein for its decision on route addition or deletion. No factor outside of the model is used by the airline for its choice.
In order to analyze the airline's decision-making preferences on route selection, we need observations of which routes are added or deleted yearly, i.e., the choices made by airlines. To obtain the observations, we perform the edge dynamic analysis on network data from two consecutive years. For instance from 2005 to 2006, with the networks after filtering, the choice set for adding has 634 routes in which 170 routes are selected. The choice set for deleting has 2062 routes (i.e., the number of routes in 2005), there are 138 routes are selected to delete. Table 1 
IV. Data Analysis for Decision Variables in the Choice Set
In this section, we present the data analysis on the explanatory variables of the routes that are chosen for adding and deleting. The aim of this analysis is to have a preliminary understanding on the characteristics of routes being selected. The insights obtained from the analysis will guide the formulation of the discrete choice models. The analysis is performed based on the data of air transportation network's evolution from two consecutive years. In this section, the results for the evolution Figures 3a and 3b show the distribution of hub levels of the routes being added and deleted among the correspond choice set, respectively. Figure 3a shows that most of the routes in the choice set of adding routes are at hub level 0. However, in the choice set for deleting, most of routes are at hub level 1. Among 634 routes for adding, there are 419 routes at hub level 0 and 92 are added, 209 routes at hub level 1 and 75 are added, and 6 routes at hub level 2 and 3 routes are added. This indicates that as the level increases, the likelihood of being chosen increases. Among 2062 routes for deleting, there are 644 routes at hub level 0 and 87 routes are deleted, 1198 routes at hub level 1 and 49 routes are deleted, and 220 routes at hub level 2 and 2 are deleted. For the routes deleted, the impact of hub levels on whether a route is selected does not follow the trend as we observed in the routes for adding. Figures 4 and 5 show the distribution of continuous variables -market demand, unit cost and distance -of the routes that are selected to add and delete. For the market demand, it is observed that most of the added and deleted routes have a market demand less than 10000 (see Figures 4a and 5a) . However, for the routes with demand greater than 20000, 33 routes are added and 3 routes are deleted. This implies that even if most of the added or deleted routes have small amount of demand, the routes with high demand have higher probability to be added than deleted. Table  2 shows that for routes addition, the added routes on average have demand of 10357.92, greater than 1224.46 average for the market demand of routes not added but in the choice set for addition. This indicates that routes with higher demand have a greater likelihood of being added. Similarly, the means of the routes being deleted and not deleted indicate that the smaller the demand on a route, the less likely a route is deleted. This conclusion is validated by the regression analysis in Section V.B, and the quantitative insights of the effect of the demand are obtained. The distribution of unit cost of the routes being added has a very similar shape as the distribution of the routes being deleted. Most of the routes added or deleted have low cost. This is counter intuitive because it is assumed that routes with high cost would have high probability to be deleted. However, such phenomenon is not observed from the data. The mean of cost shown in Table 2 for the routes added and deleted reflects that the effect of cost on routes selection is not so significant. One possible reason for this is that most added or deleted routes belong to hub level 0 which both airports are not hubs. Such routes are most of time for flights that have a low running cost. These flights are added or deleted frequently based on many factors, such as seasonal variation in demand.
Similarly, it is observed from Figs. 4b and 5b that most of the added and deleted routes have short distances. Table  2 shows that the distance of the routes being added have the similar distance with the routes that are added. This indicates that distance may not be an important factor affecting the decision on whether a route will be added or not. This is intuitive since as long as the demand on a route is high and the cost is low, the airline could make profit and hence, such a route would be established. In the next section, the effect of distance on route addition and deletion will 
V. The Airlines' Preference Structure
In this section, we describe the modeling of airlines' decisions on addition and deletion of routes using the explanatory variables described above. Table 3 shows the four variables identified to construct the preference structures. In this paper, the model established is a binary choice model in Eq. 5. Equation 6 shows the preference structure (i.e., the utility models) constructed, which follows from Eq. 1. In this model, we assume that airlines' decisions on route planning for the next year depend upon the market demand of a route in the current year, the distance of routes, the unit cost of running routes and whether the routes connect two hubs or not. An important assumption is that air routes planning is demand-pull but not supply-push. Hub indicator. 0 both airports are not hub; 1 at least one airport is hub; 2 both airports are hubs.
Potential market demand (unit: 1000 passengers)
Potential unit cost (unit: 1000 dollars/nautical mile/seat) x 4 Distance (unit: 1000 miles)
This model consists of both qualitative and quantitative variables. The qualitative variable is the level of hub, and the quantitative variables are demand, cost, and distance. Because of the existence of both qualitative and quantitative variables in utility function, we investigate the interaction effect of explanatory variables by including the crossproduct terms in the model, as shown in Equation 6 . The purpose is to see if the effect of quantitative variables, such as demand, on the airlines' decisions would be different for routes at different level hub.
Since x 1 is a qualitative variable that has three levels, the parameters β 1 , β 5 , β 6 and β 7 for each level will be estimated. However, when performing the regression, we must specify a reference level with parameter set to be 0, and the parameters of other two levels are then estimated by comparing with the reference level. In this paper, the parameters are estimated through the maximum likelihood estimation.
A. Discrete choice analysis on routes selection
With the data on how routes are actually added and deleted each year, the regression analysis is performed to investigate whether these variables significantly affect airlines' decisions and which variables are the most influential factors that airlines consider for planning routes in the next year. In this section, we interpret the regression results by using the results obtained from the network a As to the overall model fit of the two models, the log likelihood at convergence (i.e., -295 for the model of route addition and -420 for the model of route deletion) both increase as compared with the ones (i.e., -215 and -64.3) in the null model (the model without parameters). This improvement is validated with the likelihood ratio test [16] . The resulting p-value is less than 0.0001, indicating the improvement is statistically significant. The overall model fit is quantified using the MacFadden's adjusted R 2 [17] . The model of routes addition has R 2 = 0.23 and the model of routes deletion has R 2 = 0.82. This shows that the model for routes deletion has better performance on explaining and predicting routes planning. In the model of routes addition, route in which both airports are non-hubs (i.e., hub level 0) is set as the baseline level. The p-value for the parameter of hub level 1 is 0.031. This indicates that the mean of the estimated parameter is significantly different from 0. The value is 0.90, and the positive sign indicates that the probability of adding a route at hub level 1 is greater than the probability of adding a route at hub level 0. To better interpret this result, this coefficient is translated to the odds ratio which is the ratio of the probability of adding a route (P ) to the probability of not adding a route (1 − P ), i.e., P 1−P . The odds ratio of hub level 1 is 2.46. This means the probability of adding a route between a The correlation analysis is performed before the regression analysis. There is no significant colinearity between the continuous explanatory variables. two airports that at least have one hub is 2.46 times greater than the probability of adding a route with both airports are non-hubs. Similarly, the probability of adding a route between two airports that are both hubs is 16.71 times greater than the probability of adding a route with both airports are non-hubs. These results are to be expected as evidenced by the large amount of literature that describes the merits of having hubs in the network. The p-value for β 2 , i.e., the preference parameter for demand, is less than 0.001. This indicates that the effect of demand on routes addition is statistically significant. The odds ratio of demand is 1.10, which means with 1000 passengers increase between two airports, the probability of adding a route is 1.10 times greater. The p-value of the estimated parameters of demand and cost are both greater than the level of significance 0.1. This result indicates that effects of demand and cost are not statistically significant. As to the interaction effect, we observe that the effect of demand at hub level 1 is significantly different from the effect of demand at hub level 0. In terms of the odds ratio, the effect of 1000 passengers increase of the routes at hub level 1 on routes addition is 1.27 times greater than the effect of demand on the routes at hub level 0. As shown in Table 4 , there is no significant interaction effect between the cost and hub level indicating the effect of cost on routes addition has no difference at each level of hub. Table 5 shows the results of the decision-making preference estimated for the routes deletion from 2005 to 2006. As the p-values shown in the table, besides the intercept, only the parameters of hub level 2, demand and the interaction between demand and hub level 1 are statistically significant. The estimated parameter for demand β 2 = −0.22. The negative sign indicates that the decrease of demand increases the probability of deleting a route. In terms of odds ratio, with 1000 passengers decreases on a route, the probability of deleting such route is 1.25 (=1/0.8) times greater than the probability of not deleting such route. The odds ratio for hub level 2 is -2.82. It means that the probability of deleting a route where both airports are non-hubs is 16.67(=1/0.06) times greater than the probability of deleting a route with both hubs. In addition, it is observed that the effect of demand on routes deletion is different at hub level 0 and level 1. Specifically, for deleting a route, the effect of 1000 passengers increase on the routes at hub level 0 is 4 times greater than the effect of demand on the routes at hub level 0.
In summary, with the regression analysis, it is found that 1) the demand is a significant variable that affects the probability of adding or deleting a route between two airports, 2) the decision on adding or deleting a route is different at different levels of hub. The introduction of hub levels into the decision models help understand the how airlines do the routes planning in more detail, 3) the effect of demand at different level of hub on routes planning is tested to be statistically different. However, in the analysis of evolution from 2005 to 2006, it is observed the cost and distance are not influential factors on the decisions of routes planning. In the Section V.C, the variables investigated in this section are analyzed in different network evolution instances to see if the effect of these variables are consistently significant (i.e., the resulting p-values are consistently high or not), and whether the airline's preferences on specific variables are consistent (i.e., the signs of parameters are consistently positive or negative).
B. Model validation
The validation of the models is performed by using the estimated parameters (i.e. the β values) to predict the probability of whether a route will be added or not in the evolution from 2005 to 2006. In terms of the performance of predictability, the Hosmer and Lemeshow test is adopted. The null hypotheses is that the predicted probabilities obtained from the model match the real observation. Thus, we expect p-value such that null hypothesis cannot be rejected. The test results are shown in Table 6 . The results indicate that all the models have high p-value as compared with the level of significance of 0.1. For example, in model of route addition, the test statistic is 8.61 and the degree of freedom is 8. With the chi-square distribution, the p-value is 0.38. Therefore, the null hypothesis cannot rejected and we conclude that the predicted probabilities obtained from the model match the real observation. To get more insights on the models' predictability, the analysis on sensitivity and specificity [18] is performed. Table 7 shows the analysis on the model for routes addition, in 170 routes that are selected to add, the model predict correctly for 67 routes and fails to predict on 103 routes. The percentage of correctness is 39.4%. In the 464 routes that are not selected to add, the model falsely predict that there are 11 routes will be added, but successfully predict 453 routes. The percentage of correctness is 97.6%. Overall, the model has a 82% correctness on predicting the routes addition in the year 2006. Similarly, the analysis is performed on the model for routes deletion. The results show that the model has an overall percentage of correct prediction at 97.5%. This result shows the high performance of the model for predicting the decisions on adding and deleting routes. Especially, the model for routes deletion has a better performance in terms of the percentage of predicting correctness. It could be that when adding routes, airlines are more risky since the route is open for the taking, and the airline thinks long and hard about whether to enter or not. On the other hand, the method for deletion might be simpler: Is the route profitable? If yes, keep; if not, delete. Hence the much higher model success, which may reflect less uncertainty and thinking in routes deletion. C. Decisions over time In this section, the regression analysis with the model in Eq. 6 is performed on 7 evolution instances of air transportation network from 2002 to 2009. The purpose of this study is to evaluate the model consistency and on the other hand to investigate how airlines' preferences on route planning would change overtime. The method is as follows. We use the proposed approach to estimate the airlines' preferences in each year. The regression analysis provides the estimated parameters for explanatory variables and the corresponding p-values. To check if the effect of a specific variable on routes planning is consistently significant, we count the number of times that the p-values are less than 0.1 level of significance. To check if the preferences are consistent, we count the number of times that the estimated parameters with the same sign. Table 9 shows the results on frequency of p-values that are less than 0.1 and the consistency of preferences for two models. The results show that the effect of demand has been always significant in the evolutions from 2002 to 2009. Also, in the model for route addition, the effect of demand at hub level 1 is always significantly higher than the one at hub level 0. This may reflect that airlines are more responsive to the demand dynamics on the routes with at least one hubs. This makes sense that most carriers have a hub-and-spoke network structure and route most passengers through their hub airports. From this analysis, it is also observed if a variable has been found to be consistently significant in affecting the airlines' decision, the airlines' preferences toward such factor likewise consistent; however, the converse is not necessarily true. For example, the estimated parameter of the interaction effect between demand and hub level 2 in the model for routes deletion is found to be always positive in the 7 evolutions. But the corresponding p-values are only twice less than 0.1. Since airlines' preferences in realistic do not change frequently overtime, to keep conservative in this paper, we only analyze the estimated preferences that have been perfectly consistent (preference consistence = (0+7-) or (7+0-)) and statistically significant (frequency of p-value ≤ 0.1 = 7). Thus, only the estimated parameter for the demand is analyzed. Figure 6 shows the mean of estimated parameter of demand at each evolution from 2002 to 2009. The Figure  6a shows the odds ratio of 1000 passengers increase on a route in the model for routes addition. Figure 6b shows the odds ratio of 10000 (i.e., 10 units) passengers decrease on a route in the model for routes deletion. Both figures imply that the effect of the demand variable on adding or deleting a route becomes more influential from 2002 to 2009. For example, in 2002, 10000 passengers increase on a route make the probability of being added increase 4 times as compared to not be added. However, in 2008, the ratio of adding to not adding become 6.18 if there is 10000 passengers rise on a route. Surprisingly, the odds ratio in 2007-2008 reaches 16.7 implies the big influence of demand on the decisions of adding routes in that year. The similar trend is observed in the route deletion. However, the ratio of deleting a route when the demand decreases rises slightly from 1.09 in 2002 to 1.34 in 2008 with an exception in the year from 2006 to 2007. For both route addition and deletion, it is observed that in the year 2007, the change of demand has greater impacts on routes planning than any other years. This behavior reflects the highly sensitive nature of the airline industry to economic changes, and coming in the year 2007, preceded the economic downturn in the following year. Further, over the period of years that we have considered in our study, the average load factors across the airline networks has consistently increased. This explains the above observed trend which a reflection of the airlines' strategy of restructuring their network to increase the number of passengers carried per flight.
VI. Closing Remarks and Future Work
In this paper, we have performed discrete choice analysis to identify a model of airlines' decisions on routes selection based on random-utility theory. The objective is to provide stakeholders, who may not have access to the airlines' decision-making processes, an approach to estimate airlines' decisions to make better response. In closing, we can make the following remarks based on our studies conducted so far: 2. Market demand has been always a significant affecting the decisions on route planning for both adding or deleting routes. Since increasing the number of passengers carried, by increasing the load factors on flights, is a proven approach to increasing revenues, this conclusion was to be expected.
3. The R 2 of the model for routes addition is 0.23, which indicates that this model can be improved further. Adding more explanatory variables could be one way to improve the method.
We noted that some studies have attempted to model airlines' decisions using a machine learning approach. In our further work, we will compare the machine learning approach with our approach to see the relative strengths and weaknesses. We will seek to identify if these two approaches can be made to work together so that they may complement each other. On the other hand, we have identified some more explanatory variables that may help model airlines' decisions, such as the season information. We will work to include these variables in our model including effects of airline's own operating model. Our planned future work also includes using the game theoretic models to model the interactive decision-making between the airlines and other stakeholders in the aviation industry. Such interaction can be used to study strategic decision-making among stakeholders at different levels of hierarchy in the industry. We will also attempt to further validate our model by comparing with other existing models of airlines' decision-making. As more data becomes available, we will use our model to predict the air transportation network topology in the future.
